Abstract. A number of new results that say how to transfer the entailment relation between two different finite generators of a quasi-variety of algebras is presented. As their consequence, a well-known result saying that dualisability of a quasi-variety is independent of the generating algebra is derived. The transferral of endodualisability is also considered and the results are illustrated by examples.
Introduction
In 1936 M. H. Stone published a seminal work on duality theory, exhibiting a dual equivalence between the category of all Boolean algebras and the category of all Boolean spaces [20] . Almost at the same time L. S. Pontryagin showed that the category of abelian groups is dually equivalent to the category of compact topological abelian groups [13] , [14] . The most important step toward the development of general duality theory was Priestley's duality for distributive lattices: the category of all distributive lattices was shown to be dually equivalent to the category of all compact totally-order disconnected ordered topological spaces [15] , [16] . The general duality theory, called natural duality theory, grew out from these three dualities in a work by B. A. Davey and H. Werner . The theory has already proved to be a valuable tool in algebra, algebraic logic and certain parts of computer science.
Generally speaking, the theory of natural dualities concerns the topological representation of algebras. The main idea of the theory is that, given a quasi-variety A = ISP(M) of algebras generated by an algebra M, one can often find a topological relational structure M ∼ on the underlying set M of M such that a dual equivalence exists between A and a suitable category X of topological relational structures of the same type as M ∼ . Requiring the relational structure of M ∼ to be algebraic over M (this is explained in Section 2), all the requisite category theory "runs smoothly" (we refer to Chapter 1 of [1]). A uniform way of representing each algebra A in the quasi-variety A as an algebra of continuous structure-preserving maps from a suitable structure X ∈ X into M ∼ can be obtained. In particular, the representation is relatively simple and useful for free algebras in A .
The quasi-variety A = ISP(M) of algebras generated by the algebra M is said to admit a natural duality or to be dualisable if a natural duality based on M exists. It is often simply said that in such case the algebra M is dualisable. The main result proven by the first author in [18] is that, given a dualisable quasi-variety, each of its finite generating algebras is dualisable. Hence dualisability of a quasi-variety is independent of the generating algebra, which was also (independently) proved by B. A. Davey and R. Willard in [11] . As the number of dualising relations in all known dualities is finite and for a finite set S of relations, the dualisability via S is equivalent to the entailment of every algebraic relation by S, we seek here for a better understanding of the entailment process on different generators of a quasi-variety. We present a number of new results that say how to transfer the entailment relation and dualisability between two different generators of a quasi-variety.
Throughout the paper we assume that D and M are finite algebras of the same type such that for the quasi-varieties D := ISP(D) and M := ISP(M) we have D ⊆ M . We also assume that there are homomorphisms α : M → D k , for some k, and β : D → M such that β and α • β are one-to-one. In Section 3 we concentrate on the transferral of the entailment "up" from D to M, while in Section 4, where we assume that D = M and that α is one-to-one, we concentrate on the transferral of the entailment "down" from M to D. As a consequence of our results, we obtain a new proof of the main result of [18] on the transferral of dualisability at the end of Section 4. We also consider the transferral of endodualisability in Section 5, where our main result slightly generalizes similar results of [18] and [9] . We finally present an application of our results in two examples in Section 6.
